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Let a function f = f (z) with respect to complex variable z be holomorphic in a neighborhood of zero in the complex plane C:
Let γ r be a circle of the form γ r = {z : |z| = r}, r > 0. 
In this case the minimum k 0 is equal to the order of function.
Recall that the entire function f (z) has a finite order (of growth) if there exists a positive number A such that
The infimum of such numbers A is called the order of function (see, e.g., [2, 3] ).
Proof. Let the function f be a function of finite order of growth, which has no zeros in C then it is well known that it has the form:
Conversely, suppose that condition (2) is fulfilled. Since f (z) is holomorphic function in a neighborhood of zero and f (0) ̸ = 0 then values of f (z) lie in a neighborhood of f (0) and this * Olga_Khodos@mail.ru c ⃝ Siberian Federal University. All rights reserved neighborhood does not contain the point 0 for sufficiently small |z|. Therefore, the holomorphic function φ(z) = ln f (z), ln 1 = 0 is defined in the neighborhood of zero.
Let
Then, for sufficiently small r we have 1 2πi
When condition (2) is fulfilled we see that 
Therefore, we have the following statement.
Corollary 1. For function f to be an entire function of finite order k 0 which has no zeros, it is necessary and sufficient that the determinant
where k 0 is the minimum number with this property.
Let us substitute these values into (4). When k = 1 determinant is not equal to zero. For k > 1 all determinants are equal to zero since the first two columns are the same. Then function f (z) is of order 1 and it has no zeros in the complex plane.
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